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3 , . , $S$ , $K_{S}(Z)|dZ|^{2}$ ,
$c_{\beta}(z)|dz|$ $S$ Bergman , ,
$\pi K_{S}(z)\geq c_{\beta()^{2}}z$
( $\pi$ ) , $S$ .
[Capacities and kernels on Riemann surfaces, Arch. Rational Mech. Anal., 46
(1972) 212-217] , $S$
.
4. Bergman , , -
.
1067 1998 89-95 89
$S$ 2 $(1, 0)$ Hilbert $\mathcal{H}$
, $S$ $T^{1,0}S$ . $\mathcal{H}\neq\{0\}$ , $T^{1,0}S$ $\kappa_{S}$
$\kappa_{S}(\xi)=\sup\{|\omega(\xi)|^{2},\cdot\omega\in \mathcal{H},$ $||\omega||=1\}$
. $\kappa_{S}$ $S$ Bergman . $S$ 2
, $\kappa_{S}$ $z$ $K_{S}(z)$ $K_{S}(z)|dz|2$ . , $\mathcal{H}$
$\{\sigma_{i}(z)dz\}^{\infty}i=1$
$K_{S}(Z)= \sum_{i=1}|\sigma_{i}(Z)|2$
( , ). $\mathcal{H}=\{0\}$
, $S$ Bergman $0$ .
$S$ Green ,
$g$ : $S\cross sarrow(0, \infty]$
, $T^{1,0}S$ $c_{S}$
$c_{S}(\xi)=|d_{q}e^{-g(_{\mathrm{P},q}}|)(q=p\xi)|$ $(\xi\in\tau_{p}^{1,0}s)$
. $d_{q}$ $q$ . $cs$ $S$
. $c_{S}$ $c_{\beta}(z)|dz|$ ,
$- \log c_{\beta}.(Z(p))=\lim_{qarrow p}(g(p, q)+\log|_{Z(}p)-z(q)|)$
. . $S$ Green
$c_{S}=0$ .




6. $p$ $S$ , $P$ $U$ $z$ . $c_{S}(p)\neq 0$






$S$ 1 . $||B||$
$||B||^{2}= \frac{1}{2}|\int_{S}B$ A $\overline{B}|$
. $\frac{1}{2}$ , $z=x+\sqrt{-1}y$
$\frac{\sqrt{-1}}{2}dz\wedge d_{\overline{Z}}=dX\wedge dy$
. $U=\{q;|z(q)|<1\}=S$ , $B=dz$ $B(0)=$
$dz|_{z=}0,$ $||B||^{2}=\pi,$ $c_{\beta}(0)=1$ , .
$B$ , $\overline{\partial}$ $L^{2}$ . , $P$
$c_{\beta}(0)dZ$ $C^{\infty}$ $(1, 0)^{\text{ }}.\text{ }$ .




, $2\log 2>1$ . $c_{\beta}(0)\neq 0$ , $S$





$\chi(\frac{-g_{p}-\log\in}{\log 2})C_{\beta}(0)dZ$ $(U- \mathrm{k}-\mathrm{c}^{\backslash })$
$0$ $(S\backslash U\mathrm{A}-\tau^{\backslash })$





. $(*)$ $B$ , .
: $\epsilon_{0}$ , $\in\in(0, \in \mathrm{i}_{0})$ $S$ 2 $(1, 0)$





, $\alpha_{\epsilon}$ $B=b\alpha_{\in}\epsilon 5^{-}$ , $\in\searrow 0$ $B_{\epsilon}$ –
, $B$ (
).




. $\in$ , $\delta,$ $C^{\infty}$ $\rho$ : $S\backslash \{p\}arrow(0, \infty)$ , $S\backslash \{p\}$
Hermite $ds^{2}$ (i), (ii), (iii) .
(i) $S$ 2 $(1, 0)$ $\alpha$ ,
$\delta|\int_{U}|z\text{ ^{}2}\alpha\Lambda\overline{\alpha}|+|\int_{S}\alpha$ A $\overline{\alpha}|\leq 16|\int_{S}\rho\alpha$ A $\overline{\alpha}|$
(ii) $S\backslash \{p\}$ $C^{\infty}$ $(1, 1)$ $\beta$
$\mathrm{s}\mathrm{u}\mathrm{p}\mathrm{p}\beta\subset\{q;\log 2<g(p, q)+\log\in<2\log 2\}$
, $S$ 2 $(1, 0)$ $\alpha$ , $\overline{\partial}\alpha=\beta$
$| \int_{S}\rho\alpha\wedge\overline{\alpha}|\leq\int_{S\backslash \{p\}}e^{2g_{r})}|\beta|^{2}$ dvol
. $|\beta|$ , dvol $ds^{2}$ $\beta$ ( $i.e$ .
) .
(iii) $\int_{S\backslash \{p\}}e2g_{p}|\overline{\partial}b_{\epsilon}|^{2}$ dvol $<64\pi$








[ On the extension of $L^{2}$ holomorphic functions III – negligible weights. Math. Z.
219 (1995) 215-225, Theorem 1.7 $fV$)]
$X$ , $\varphi$ $X$ $C^{\infty}$ , $ds^{2}$ $X$ $C^{\infty}$ Hermite ,
$dV$ $ds^{2}$ . $X$ $C^{\infty}$ $\eta$ $\eta\geq 1$
$(\star)$ $\sqrt{-1}(\eta\partial\overline{\partial}\varphi-\partial\overline{\partial}\eta-\eta^{-2}\partial\eta\wedge\overline{\partial}\eta)\geq 2dV$
, $X$ $(1_{i}1)$ $v$
$||v||_{\varphi}^{2}:= \int_{X}e^{-\varphi}|v|2dV<\infty$






$ds^{2}=adzd \Sigma.\Leftrightarrow dV=\frac{\sqrt{-1}}{2}adz\wedge d\overline{z}$
. 1
$|dz|^{2}=2a^{-}1$
$dz$ . $||||_{\varphi}$ $(1, 0)$ $u$
$||u||_{\varphi}^{2}=| \int_{X}e^{-\varphi}u\wedge\overline{u}|$
.
11. $X=S\backslash \{p\}$ .
$ds^{2}=4e^{-2_{\mathit{9}_{P_{\xi}}}2}\mathrm{i}(e-2g_{p}+\in^{2})^{-2}\partial g_{p}\overline{\partial}gp$
. , (iii) .
$\int_{S\backslash \{p\}}e2_{\mathit{9}p}|\overline{\partial}b_{\epsilon}|^{2}\mathrm{d}\mathrm{v}\mathrm{o}\mathrm{l}$ : $U\text{ ^{}-}\zeta\backslash$





, $g_{p}+\log|z|=:h$ , $h_{\ovalbox{\tt\small REJECT}}$ $U$ , $\partial g_{p}+dz/2_{Z}=\partial h$
$\lim_{zarrow 0}\frac{|dz|^{2}}{4|z|^{2}|\partial gp|^{2}}=1$
($\lim_{zarrow 0}ds2/dzd\overline{z}=\infty$ ).
$\varlimsup_{\epsilonarrow 0}\int e^{2g_{p}}|\overline{\partial}b_{\epsilon}|^{2}$ dvol
$< \varlimsup_{\epsilonarrow 0}|\int_{\log 2<}\log\in+g_{p}<2\log 2-8|_{Z}|2(C_{\beta}0)24g_{p_{6}}2(ee^{-2g_{p}}+\in^{2})2\partial g_{p}\wedge\overline{\partial}g_{p}$
$=8 \varlimsup_{\epsilonarrow 0}|\int_{\frac{\epsilon}{4}<e^{-\mathit{9}p}<\frac{\epsilon}{2}}e2\mathit{9}p\in-2(e-2\mathit{9}p+\in^{\mathit{2}})^{2}\partial g_{p}$ A $\overline{\partial}g_{p}|$
$=8 \varlimsup_{\epsilonarrow 0}|\int_{\underline{\epsilon}}<e^{-g}P<\frac{\epsilon}{\mathrm{o}}e^{4g_{p}}\in-2(e-2\mathit{9}p+\epsilon^{2})^{2}\partial e^{-g_{p}}\wedge\overline{\partial}e^{-g_{p}}|$
$=16 \pi\varlimsup_{0\inarrow}\int^{\frac{\epsilon}{2}}\frac{\epsilon}{4}\frac{(t^{2}+\epsilon)22}{2\in^{2}t^{3}}dt$
$(\cdot\cdot\cdot\partial|z|$ A $\overline{\partial}|z|=\frac{dz\wedge d\overline{z}}{4})$
$<16 \pi(\frac{3}{64}+\log 2+3\mathrm{I}$
$<64\pi$ .
( , (iii) )





, ). $\eta$ $1+6^{2}<e^{e}$ $\in$






( $\psi-10..\mathrm{g}.\cdot(-.\psi)$ $\psi_{+1,\backslash \cdot:}\mathrm{o}\mathrm{g}.\cdot(-\psi)$ ,


















: $750\pi$ . .
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